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ABSTRACT

Context. The advent of high-quality space-based photometry, brought about by missions such as Kepler/K2 and TESS, makes it
possible to unveil the fundamental parameters and properties of the interiors of white dwarf stars, particularly extremely low-mass
white dwarfs, using the tools of asteroseismology.
Aims. We present an exploration of the internal rotation of GD 278, the first known pulsating extremely low-mass white dwarf to show
rotational splittings within its periodogram.
Methods. We assessed the theoretical frequency splittings expected for different rotation profiles and compared them to the observed
frequency splittings of GD 278. To this aim, we employed an asteroseismological model representative of the pulsations of this star,
obtained by using the LPCODE stellar evolution code and the LP-PUL non-radial pulsation code. We also derived a rotation profile
that results from detailed evolutionary calculations carried out with the MESA stellar evolution code and used it to infer the expected
theoretical frequency splittings.
Results. We find that the best-fitting solution when assuming linear profiles for the rotation of GD 278 leads to angular velocity
values at the surface and center that are only slightly differential, and still compatible with rigid rotation. Additionally, the values
of the angular velocity at the surface and the center for the simple linear rotation profiles and for the rotation profile derived from
evolutionary calculations are in very good agreement. Also, the resulting theoretical frequency splittings are compatible with the
observed frequency splittings, in general, for both cases.
Conclusions. The results obtained from the different approaches followed in this work to derive the internal rotation of GD 278
agree. The fact that they were obtained by employing two independent stellar evolution codes gives our results robustness. Our results
suggest only a marginally differential behavior for the internal rotation in GD 278 and, considering the uncertainties involved, this
is very compatible with the rigid case, as has been observed previously for white dwarfs and pre-white dwarfs. The rotation periods
derived for this star are also in line with the values determined asteroseismologically for white dwarfs and pre-white dwarfs in general.
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1. Introduction

Low-mass helium (He)-core white dwarf (WD) stars are char-
acterized by stellar masses M? . 0.45 M�. They are likely
the result of intense mass loss episodes in close-binary systems
that take place before the occurrence of the core He flash dur-
ing the red giant phase of low-mass stars, which would then
be avoided (Althaus et al. 2013; Istrate et al. 2016b). In this
way, they would harbor He cores, at variance with average-
mass (M? ∼ 0.6 M�) WDs, which are supposed to have C/O
cores. In particular, binary evolution is the most likely sce-
nario for the so-called extremely low-mass (ELM) WDs, with
M? . 0.18−0.20 M� (Althaus et al. 2013; Istrate et al. 2016b;
Sun & Arras 2018; Li et al. 2019). Detailed evolutionary cal-
culations (Althaus et al. 2001, 2013; Istrate et al. 2016b) indi-
cate that element diffusion significantly affects the evolution of
low-mass He-core WDs, including ELM WDs, since this phe-
nomenon would induce multiple H-shell flashes in progenitors
of WDs with M? & 0.18−0.20 M� that consume most of their H
content, leading to a quick evolution in their cooling tracks. In

contrast, progenitors of WDs with M? . 0.18−0.20 M� are not
expected to experience any H flashes and, as such, can sustain
stable H burning, which slows their WD evolution.

Recently, numerous low-mass and ELM WDs have been
detected (see, e.g., Koester et al. 2009; Brown et al. 2010,
2016, 2020, 2022; Kilic et al. 2011; Gianninas et al. 2015;
Kosakowski et al. 2020). Interestingly, multi-periodic brightness
variations have been measured in some low-mass and ELM
WDs (see, e.g., Hermes et al. 2012, 2013a,b; Kilic et al. 2018;
Bell et al. 2018; Pelisoli et al. 2018; Lopez et al. 2021), giving
rise to a new type of variable star, known as ELMVs. In addition,
pulsations have also been detected in stars considered to be
probable precursors of low-mass WDs (Maxted et al. 2013, 2014;
Gianninas et al. 2016; Wang et al. 2020), known as low-mass
pre-WDs. This opens up the opportunity to study the evolution
of the WD progenitors and also defines another type of variable
star, the pre-ELMVs. The existence of ELMVs and pre-ELMVs
provides researchers a unique opportunity to probe the inte-
riors of these variable stars by employing the tools of astero-
seismology (Winget & Kepler 2008; Fontaine & Brassard 2008;
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Althaus et al. 2010; Córsico et al. 2019). This has successfully
been done for many pulsating WDs and pre-WDs, such as
ZZ Ceti stars (which have H-rich atmospheres and are also
known as DAV stars; see, e.g., Bradley 2001; Romero et al.
2012; Giammichele et al. 2017), V777 Her stars (with He-rich
atmospheres, also known as DBV stars; see, e.g., Córsico et al.
2012, 2022; Bognár et al. 2014; Bell et al. 2019), and pulsating
PG 1159 stars (hot pre-WDs with C-, O-, and He-rich atmo-
spheres, also known as GW Vir stars; Córsico et al. 2007a,b,
2008, 2009a, 2021; Calcaferro et al. 2016; Uzundag et al. 2022).
In addition, Calcaferro et al. (2017, 2018b) performed detailed
asteroseismological analyses of all known (and alleged) pulsating
ELMVs on the basis of a complete set of fully evolutionary models
that represents low-mass He-core WD stars (Althaus et al. 2013;
Calcaferro et al. 2018a).

The pulsations observed in ELMVs are compatible with
gravity (g) modes, and stability computations (Córsico et al.
2012; Van Grootel et al. 2013; Córsico & Althaus 2016) sug-
gest that these modes are probably excited by the κ−γ mech-
anism (Unno et al. 1989) acting in the H-ionization region. In
pre-ELMVs, the observed pulsations are compatible with radial
and non-radial pressure (p) and (possibly) g modes; in this
case, non-adiabatic analyses (Jeffery & Saio 2013; Córsico et al.
2016; Gianninas et al. 2016) indicate that the excitation mecha-
nism may be the κ−γmechanism acting mainly in the zone of the
second partial ionization of He, with a weaker contribution from
the region of the first partial ionization of He and the partial ion-
ization of H. In this way, the presence of He in the driving zone
is necessary for the modes to be destabilized by the κ−γ mecha-
nism (Córsico et al. 2016). As the presence of He in the driving
zone would not be possible when the effects of element diffu-
sion are taken into account (particularly the gravitational set-
tling, which would otherwise quickly deplete the region of He),
a mechanism capable of preventing (or diminishing) its effects is
needed (Córsico et al. 2016). As Istrate et al. (2016a) show, rota-
tional mixing can, in principle, counteract the gravitational set-
tling effects, maintaining enough He within the driving region
of pre-ELM WDs and then allowing He to drive pulsational
instabilities with frequencies in agreement with the observed
ones. Further, the presence of metals such as calcium in the
spectra of some ELM WDs (Gianninas et al. 2014; Hermes et al.
2014) also requires a gravitational settling-counteracting mech-
anism, which could also be rotational mixing, as the Istrate et al.
(2016a) calculations evidence. Based on this scenario, if ELM
WDs descend from pre-ELM WDs, then pulsating ELM WDs
are expected to be rotating. This being the case, it should be
possible to detect the stellar rotation by the splitting of the pul-
sation frequencies, something that, until now, had been elusive
(Córsico et al. 2019).

Rotation is a fundamental property of stars that affects their
structure and evolution. Recently, the study of the internal rota-
tion in pulsating stars from the main sequence to late stages
in stellar evolution has been significantly boosted by aster-
oseismology (see, e.g., Deheuvels et al. 2012; Cantiello et al.
2014; Kurtz et al. 2014; Aerts 2021). In nonrotating spherical
stars, non-radial g modes, which are characterized by a har-
monic degree ` and a radial order k, are (2` + 1)-fold degen-
erated with respect to the azimuthal order m. When rotation
is present, that mode degeneracy is removed, and hence, each
pulsation frequency is split into multiplets of 2 ` + 1 fre-
quencies. The separations of the components of the multiplets
are known as rotational splittings and are related to the angu-
lar velocity, allowing the estimation of the rotation period.
The presence of multiplets also helps in the identification of

the harmonic degree of the pulsation modes of the pulsating
star.

The study of the internal rotation in pulsating WDs and
pre-WDs by means of asteroseismological tools, for instance
by Kawaler et al. (1999), Charpinet et al. (2009), Córsico et al.
(2011), Giammichele et al. (2016), and Hermes et al. (2017), is
of fundamental interest for the present work. In the case of
GW Vir stars, which can be probed deeply by virtue of the
behavior of the pulsation modes, Kawaler et al. (1999) made use
of asteroseismological inversion techniques, analogous to the
ones applied in helioseismology, to study their internal rotation
profiles. They found that PG 1159−035 (the prototype of GW Vir
stars) may be rotating with differential rotation, although their
results are inconclusive. Charpinet et al. (2009) also studied the
rotation in PG 1159−035, but with a forward-method approach,
and concluded that this star may be rotating as a solid body.
Córsico et al. (2011) applied both forward and inverse methods
to another GW Vir star, PG 0122+200, and concluded that its
observed frequency splittings are consistent with a differential
rotation profile, although rigid-body rotation cannot be ruled out.
For ZZ Ceti stars, which can be probed less deeply, the work of
Giammichele et al. (2016) for Ross 548 and GD 165 indicates
that these stars may be rotating as solid bodies. Via a detailed
and complete analysis performed on a large set of isolated
ZZ Ceti stars that show rotational splittings, Hermes et al. (2017)
find a mean rotation period of 35 h for WDs with masses in the
range 0.51−0.73 M� (although ZZ Ceti stars with faster rotation
rates have also been found; see Table 10 of Córsico et al. 2019).
In general, the rotation periods for WD and pre-WD stars are
between ∼1 h and ∼18 d (Kawaler 2015; Córsico et al. 2019)

In this work we apply, for the first time, asteroseismological
methods to probe the internal rotation of a pulsating ELM WD
star, GD 278, on the basis of the first measurement of rotational
splittings in this type of WD star (Lopez et al. 2021). GD 278
is a pulsating ELM WD from the Gentile Fusillo et al. (2019)
Gaia Data Release 2 catalog (G = 14.9 mag) in a 4.61 h single-
lined spectroscopic binary (Brown et al. 2020), with a parallax
distance determined from the Gaia Early Data Release 3 of
151.19 ± 0.78 pc (Gaia Collaboration 2020; Bailer-Jones et al.
2021). It is characterized by Teff = 9230 ± 100 K and log(g) =
6.627±0.056 [CGS], and its pulsation periods range from ∼2290
to 6730 s (Lopez et al. 2021).

This paper is organized as follows. In Sect. 2 we give a brief
summary of the numerical codes employed, while in Sect. 3 we
provide the observational data and the properties of the stellar
models utilized. In Sect. 4 we carry out rotational splitting fits,
comparing the observed and the theoretical frequency splittings
(Sect. 4.1), the latter obtained by considering different types
of rotation profiles. Next, we employ a rotation profile result-
ing from stellar evolutionary calculations that characterize the
stars under study, and use it to derive the predicted values of the
theoretical frequency splittings (Sect. 4.2). A comparison of the
results is presented in Sect. 4.3. Finally, in Sect. 5 we summarize
our main findings.

2. Evolutionary models

In this paper we employ fully evolutionary models of low-mass
He-core WDs generated with two independent stellar evolu-
tion codes, LPCODE (Althaus et al. 2005, 2009, 2013, 2015) and
the Modules for Experiments in Stellar Astrophysics (MESA;
Paxton et al. 2011, 2013, 2015, 2018, 2019) code. Both compute
in detail the complete evolutionary stages that lead to WD for-
mation, allowing for the study of the WD evolution consistently

A135, page 2 of 9



Calcaferro, L. M., et al.: A&A 673, A135 (2023)

with the predictions of the evolutionary history of progenitors.
We briefly mention the main ingredients employed for our anal-
ysis of low-mass He-core WDs.

Realistic configurations of low-mass He-core WDs result-
ing from the LPCODE stellar evolution code were computed from
detailed evolutionary calculations that mimic the binary evolu-
tion of the progenitor stars (see Althaus et al. 2013, for details).
Binary evolution was assumed to be fully nonconservative, and
the losses of angular momentum due to mass loss, gravitational
wave radiation, and magnetic braking were considered. Binary
configurations assumed in Althaus et al. (2013) consist of an
evolving main-sequence low-mass component (donor star) of ini-
tially 1 M�, and a 1.4 M� neutron star companion as the other
component. The metallicity of the progenitor stars is Z = 0.01.
Initial He-core WD models with stellar masses ranging from
0.1554 to 0.4352 M� were derived from stable mass loss via
Roche-lobe overflow. The evolution of these models was com-
puted down to the range of luminosities of cool WDs, including
the stages of multiple thermonuclear CNO flashes at the begin-
ning of the cooling branch when appropriate. We also considered
time-dependent diffusion due to gravitational settling and chem-
ical and thermal diffusion of nuclear species following the mul-
ticomponent gas treatment of Burgers (1969). Further details can
be found in Althaus et al. (2013). Adiabatic pulsation periods for
non-radial dipole and quadrupole (` = 1, 2, respectively) gmodes
were computed employing the adiabatic version of the LP-PUL
pulsation code (Córsico & Althaus 2006; Córsico et al. 2009b).

Models that consider rotational mixing and element diffu-
sion were generated employing version 11701 of the MESA stel-
lar evolution code (Paxton et al. 2011, 2013, 2015, 2018, 2019),
following the binary evolution of the progenitor stars from the
zero-age main sequence. The donor has an initial stellar mass
of 1 M�, and its point-mass (neutron star) companion 1.4 M�.
The evolution was computed in detail throughout the mass trans-
fer episodes via stable Roche-lobe overflow until the WD cool-
ing branch. The mass transfer proceeded via the Ritter scheme
(Ritter 1988) and took place as the donor overfilled its Roche
lobe. We considered that 30% of the transferred mass is lost
from the vicinity of the neutron star as fast wind. Initial He-core
WD models with M? in the range 0.17−0.3 M� were derived in
this way. The chemical and angular momentum transport result-
ing from rotationally induced instabilities is implemented in a
diffusive manner in MESA (Heger et al. 2000; Paxton et al. 2013,
2019). We included the effects of rotationally induced mixing
processes, following the Istrate et al. (2016b) scheme, taking the
mixing due to secular shear instability, dynamical shear instabil-
ity, Goldreich-Schubert-Fricke instability, and Eddington-Sweet
circulation into account (Heger et al. 2000, 2005). Also consid-
ered were the mixing of angular momentum in radiative regions
because of dynamo-generated magnetic fields (Spruit 2002) and
the transport of angular momentum given by electron viscosity
(Itoh et al. 1987). Following Istrate et al. (2016b), we adopted
the value fc = 1/30 for the ratio of the turbulent viscosity to
the diffusion coefficient and fµ = 0.1 for the sensitivity to com-
positional gradients (see Heger et al. 2000; Paxton et al. 2013;
Istrate et al. 2016b, for further details). In our calculations, the
initial rotation velocity was set such that the star is synchronized
with the initial orbital period, and the effect of tides and spin-
orbit coupling were taken into account.

3. The data and the asteroseismological model

GD 278 is a pulsating ELM WD in a 4.61 h single-lined binary
(Gentile Fusillo et al. 2019; Brown et al. 2020; Lopez et al. 2021).

The pulsations were first detected via photometry obtained
with the Otto Struve telescope at McDonald Observatory and
later characterized using Transiting Exoplanet Survey Satel-
lite (TESS; Ricker et al. 2015) observations, which revealed the
richest set of periods of a pulsating ELM WD (Lopez et al.
2021). Its spectroscopic parameters are Teff = 9230 ± 100 K and
log(g) = 6.627 ± 0.056 [CGS], corresponding to a stellar mass
of M? = 0.191 ± 0.013 M� (Brown et al. 2020).

A thorough mode identification of the pulsation frequen-
cies allowed Lopez et al. (2021) to distinguish eight possible
rotational splittings associated with ` = 1 and ` = 2, as can
be seen in Table 1 (adapted from Lopez et al. 2021, see their
Table 2), the first time that such an effect has been detected in an
ELM WD.

Employing the mode identification from Table 1, we com-
pared the observed periods associated with m = 0 (that is, the
central components of the rotational splittings) to the theoret-
ical periods of the set of low-mass He-core WD models gen-
erated with the LPCODE stellar evolution code, with the aim of
searching for a model that represents a good global match to
the periods observed in GD 278 and that also lies within the
constraints given by the spectroscopic parameters for this star.
This period-to-period fit is analogous to the procedure followed
by Calcaferro et al. (2017, 2018b) for other ELMVs. In this
way, we adopted an asteroseismological model1 characterized
by M? = 0.186 M�, Teff = 9335 K, and log(g) = 6.618 [CGS].
For this model, we show in Table 2 the radial order and harmonic
degree, the observed and theoretical periods, and the relative dif-
ference between the last two quantities.

Rotational splittings

As mentioned before, rotation lifts the g mode degeneracy of a
nonrotating stellar structure, splitting each pulsation frequency
into multiplets of 2` + 1 frequencies for different values of m
(Unno et al. 1989). Considering that the star is a slow rotator,
each multiplet component is given by (to the first order)

νk`m(Ω) = νk`(Ω = 0) + δνk`m, (1)

where νk`m(Ω) is the frequency of the mode with indexes
(k, `,m), νk`(Ω = 0) is the frequency of the degenerate mode
with indexes (k, `) without rotation, and δνk`m is the rotational
splitting, which, assuming rigid rotation (constant Ω), is given
by

δνk`m = −m
Ω

2π
(1 −Ck`), (2)

with m = 0,±1, . . . ,±` and Ω, the angular velocity. The Ck`
are coefficients that depend on the stellar structure details as
(Cowling & Newing 1949; Ledoux 1951)

Ck` =

∫ R∗
0 ρr2[2ξrξt + ξ2

t ]dr∫ R∗
0 ρr2[ξ2

r + `(` + 1)ξ2
t ]dr

, (3)

where ξr and ξt are the unperturbed radial and tangential eigen-
functions, respectively. These eigenfunctions are obtained from
the nonrotating case. We note that for g modes and large values
of k, ξr � ξt, such that Ck` → 1/`(` + 1) (Brickhill 1975).

1 We note that this is a different asteroseismological model than that
adopted in Lopez et al. (2021). In that work, we allowed for differ-
ent H envelopes in our asteroseismological fits. However, given the
exploratory nature of this work, we decided to use a model that harbors
a canonical (thick) envelope, for the sake of simplicity.
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Table 1. Mode identifications and observed frequency splittings for GD 278 (adapted from Lopez et al. 2021).

` m ΠO [s] νO [µHz] σνO [µHz] δνO [µHz] σδνO [µHz]

1 −1 2447.86 408.52 0.03
1 0 2367.4
1 1 2292.0 436.29 0.06 2×13.89 2×0.09
1 0 2658.51 376.15 0.04
1 +1 2569.0 389.26 0.06 13.10 0.10
1 −1 3365.56 297.127 0.012
1 0 3226.1 309.98 0.06 12.85 0.07
1 −1 4259.1 234.79 0.03
1 0 4028.83 248.211 0.013 13.42 0.04
1 1 3815.8 262.07 0.05 13.85 0.06
1 −1 5135.1 194.74 0.03
1 0 4756.5 210.24 0.03 15.50 0.06
1 1 4428.5 225.812 0.028 15.57 0.06
2 −2 6295.4 158.846 0.026
2 −1 5550.6 180.161 0.025 21.32 0.05
2 0 4959.6 201.63 0.04 21.46 0.07
2 1 4473.1 223.56 0.05 21.93 0.09
2 2 4083.5 244.89 0.04 21.33 0.09
2 −1 5814.8 171.975 0.021
2 0 5198.3 192.370 0.029 20.39 0.05
2 +1 4628.8 216.039 0.022 23.67 0.05
2 −2 6729.0 148.61 0.04
2 −1 5896.8 169.58 0.03 20.97 0.07
2 0 5253.2 190.359 0.007 20.78 0.04
2 2 4270.8 234.15 0.05 2×21.89 2× 0.05

Notes. Columns indicate the harmonic degree and the azimuthal index of the modes, the observed pulsation periods and corresponding frequencies,
the uncertainty of the observed frequencies, the observed frequency splittings, and their uncertainties, respectively.

When the rigid body condition is relaxed and differential
rotation is allowed, assuming spherical symmetry, that is, Ω =
Ω(r), the frequency splittings are calculated as

δνk`m = −m
∫ R?

0

Ω(r)
2π

Kk`(r)dr, (4)

where Kk`(r) are the first-order rotational kernels obtained from
the rotationally unperturbed eigenfunctions as

Kk`(r) =
ρr2{ξ2

r − 2ξrξt − ξ
2
t [`(` + 1) − 1]}∫ R∗

0 ρr2[ξ2
r + `(` + 1)ξ2

t ]dr
, (5)

which are then determined by the stellar model.
Equation (4) indicates that the sensitivity of the pulsation

modes to the internal rotation can be analyzed from the behavior
of the rotational kernels for each mode. In Fig. 1 we show the
normalized rotational kernels computed from our adopted aster-
oseismological model for GD 278 for the shortest period with
` = 1, k = 25 (left panel) and the longest period with ` = 2,
k = 100 (right panel). It is clear from the figure that the rota-
tional kernels of these modes have the largest amplitudes in the
region 0.5 . r/R∗ . 0.8 and in the outer part of the models, but
they also have appreciable amplitudes throughout the entire stel-
lar model. This suggests that the gmodes observed in GD 278 are
sensitive to the whole rotation profile, similarly to the behavior
of the rotational kernels in GW Vir stars and at variance with the
case of ZZ Ceti and V777 Her stars, where g modes only probe
the outer parts of the star (Kawaler et al. 1999; Córsico et al.
2011; Giammichele et al. 2016).

Table 2. Comparison between the observed periods of GD 278 and
the theoretical periods of the adopted asteroseismological model
characterized by M? = 0.186 M�, Teff = 9335 K, and log(g) = 6.618
[CGS].

k ` ΠO [s] ΠT [s] |∆Π|/Π

25 1 2367.4 2332.6513 0.0147
29 1 2658.51 2681.3868 0.0086
35 1 3226.1 3212.6071 0.0042
44 1 4028.83 4017.2143 0.0029
52 1 4756.5 4735.2063 0.0045
94 2 4959.6 4940.8258 0.0038
99 2 5198.3 5203.3066 0.0010
100 2 5253.2 5255.5214 0.0004

Notes. This stellar model has undergone CNO flashes during its early-
cooling phase (Althaus et al. 2013). Columns indicate the radial order
and harmonic degree, the observed and theoretical periods, and the rel-
ative difference between the last two quantities, respectively.

4. Analysis and results

4.1. Rotational splitting fits

To start this analysis, we compared the observed frequency split-
tings, δνO, to the theoretical frequency splittings, δνT, which
were calculated by varying the rotation profile and employ-
ing the asteroseismological model presented in the previous
section. This comparison was done by estimating the goodness
of the match between these quantities as (Charpinet et al. 2009;
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Fig. 1. Normalized rotational kernels, Kk`(r), for ` = 1, k = 25 (left
panel) and ` = 2, k = 100 (right panel). Also indicated are the chemical
profiles of H (dashed green lines) and He (dashed light blue lines).

Córsico et al. 2011)

χ2 =
1
n

n∑
i=1

1
σ2
δνO

(δνO
i − δν

T
i )2, (6)

where the index i identifies each splitting and n is the number
of rotational splittings considered. In this expression, each term
is weighted with the inverse of the squared uncertainty of the
observed frequency splittings (σ2

δνO ), calculated from Table 1
(Lopez et al. 2021).

4.1.1. Rigid rotation

First, we considered the simplest case for the rotation profile,
which is rigid-body rotation (i.e., the angular velocity is con-
stant throughout the star). We considered values of Ω/2π from
1 × 10−7 Hz to 1 × 10−4 Hz (corresponding to periods of ∼115 d
and 3 h, respectively), and for each value we assessed the the-
oretical frequency splittings according to Eq. (2), where the
coefficients Ck` are determined for each mode using Eq. (3).
Considering all the observed frequency splittings associated with
` = 1, 2 from Table 1, we searched for the best match between
the observed and the theoretical frequency splittings by calcu-
lating the χ2 (Eq. (6)). We obtained the results shown in Fig. 2,
where we plot the logarithm of the quality function, χ2, in terms
of Ω. In the figure, the minimum (that is, the best fit) indicates a
well-defined solution for Ω ∼ 1.6 × 10−4 rad s−1, corresponding
to a rotation period of ∼ 10.9 h. This value of the rotation period
of GD 278 is in line with the determination of the rotation peri-
ods for other WDs and pre-WDs (Kawaler 2015; Córsico et al.
2019).

4.1.2. Differential rotation: The linear case

Here we lift the solid-body rotation condition and, given the
exploratory nature of this work, allow for a simple case of linear
differential rotation:

Ω(r) = ΩC + (ΩS −ΩC)r, (7)

where ΩC and ΩS indicate the rotation velocities at the center and
at the surface, respectively. This set of linear profiles comprises
both cases of increasing and decreasing Ω(r) with r and the rigid-
body rotation case (ΩC = ΩS), presented in the previous section.
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Fig. 2. Logarithm of the quality function, χ2, in terms of Ω, assum-
ing rigid-body rotation. For this calculation, we have considered all the
multiplets associated with ` = 1, 2 from Table 1.

For the calculation of the quality function, via Eq. (6), this
time we computed the theoretical frequency splittings using
Eq. (4), with the rotational kernels determined by Eq. (5). We
first considered all the observed frequency splittings associated
with ` = 1, 2 from Table 1. We show the results in Fig. 3,
where we plot the inverse of the quality function, 1/χ2, in the
ΩS−ΩC plane, along with the loci of the solutions considering
rigid rotation. By plotting the inverse of the quality function,
the higher its value, the better the match between the observed
and theoretical frequency splittings. It is clear from the figure
that there is a range of possible solutions, that is, any solution
lying on the yellow zone would have almost the same quality,
therefore suggesting that the rotation could be rigid as well as
differential. We indicate in the figure the best-fitting solution:
(ΩS,ΩC) ∼ (2.1 × 10−4, 1.0 × 10−4) rad s−1. This solution, which
lies close to the rigid rotation line, formally corresponds to dif-
ferential rotation. This suggests that the stellar surface may be
rotating slightly faster than the stellar center.

It is interesting to study the sensitivity of our results to each
of the observed frequency splittings, for which we carried out a
simple procedure: we alternately removed each individual multi-
plet and evaluated the corresponding solution. Doing so, we find
that, in general, the results remain comparable to one another,
that is, (ΩS,ΩC) ∼ (2.0 × 10−4, 1.0 × 10−4) rad s−1 on aver-
age. However, for three cases, the results change considerably.
For instance, when we excluded the multiplet associated with
k = 100 from the data set, we find that ΩS becomes significantly
smaller (∼6× 10−7 rad s−1). This implies an extremely long rota-
tion period, which would suggest that it is crucial to include this
multiplet in the calculations. Its inclusion may also be justified
by the fact that the frequency of the central component of this
multiplet has the largest amplitude in the TESS periodogram (see
Table 1 from Lopez et al. 2021). A similar situation occurs when
we exclude the multiplets associated with k = 94 and 52 from
the analysis.

It is worth mentioning that we also tried other types of
rotation profiles, for instance two-zone profiles as presented by
Charpinet et al. (2009) for PG 1159−035 and piecewise func-
tions with three parts. The former does not allow us to make
any meaningful conclusions regarding the rotation properties for
GD 278, indicating that this type of profile may not be adequate
for modeling the rotation in GD 278, while the latter leads to
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Fig. 3. Contour map of the inverse of the quality function, 1/χ2, show-
ing the goodness of the fits in the plane ΩS−ΩC, considering all the
observed rotational splittings associated with ` = 1, 2. We assume
GD 278 rotates following a linear profile. The dashed green line indi-
cates the corresponding solutions according to rigid rotation. The best-
fitting solution is indicated with a black dot.

almost the same results as with the linear simple profiles of
Eq. (7).

4.2. Rotation profile resulting from the evolution

Here we follow a different approach by employing a profile for
the angular velocity, Ω(r), that results from detailed evolution
calculations2 instead of assuming an artificial, simple profile, as
in the previous sections. By using the calculated Ω(r) profile, we
estimated the corresponding values of the theoretical frequency
splittings.

For this procedure, we adopted a low-mass He-core model
generated with MESA (see Sect. 2), characterized by M? =
0.186 M�, Teff = 9335 K, and log(g) = 6.618 [CGS], that closely
matches our asteroseismological model (that is, they have similar
values of M?, Teff , and log(g), along with other parameters, such
as the stellar radius, the H-envelope content, etc.). The rotation
profile of this model is shown in Fig. 4 (solid magenta line) and is
characterized by (ΩS,ΩC) ∼ (2.1 × 10−4, 1.5 × 10−4) rad s−1. For
illustrative purposes, we also include the rigid rotation profile
obtained in Sect. 4.1.1 (dashed green line) and the linear rotation
profile of the best-fit model obtained in Sect. 4.1.2 (dotted black
line). The MESA rotation profile and its features – which show
that the rotation is barely differential and close to uniform, with
the surface rotating slightly faster than the center – are the result
of the CNO flashes that the progenitor of this WD experienced
before entering its final cooling track, as Istrate et al. (2016b)
show (see their Sect. 4.1.1.).

Employing the Ω(r) profile of this model to calculate the the-
oretical frequency splittings corresponding to the modes of inter-
est, using Eq. (4), we obtain the results shown in Table 3. These
results indicate that, in general, there are discrepancies between

2 We are aware of the uncertainties involved in the rotational mixing
processes (such as the effects of the Eddington-Sweet circulation) and in
the transport of angular momentum, which translate into uncertainties in
the rotation profile. However, given the exploratory nature of this work,
we believe that a physical rotation profile calculated with MESA, such
as the one used here, is worth considering. A detailed discussion of the
uncertainties involved in the treatment of rotation in MESA is beyond the
scope of the present paper.

Fig. 4. Rotation profile of the MESA model with M? = 0.186 M�, Teff =
9335 K, and log(g) = 6.618 [CGS] (solid magenta line), resulting from
our evolutionary calculations. Also included are the rigid (dashed green
line) and linear (dotted black line) rotation profiles (see text for details).

Table 3. Observed and theoretical frequency splittings as predicted by
the rotation profile determined from evolutionary calculations.

k δνT [µHz] δνO [µHz] |∆δν|/δν

25 14.54 13.89 0.045
25 14.54 13.89 0.045
29 14.52 13.10 0.098
35 14.44 12.85 0.110
44 14.47 13.42 0.072
44 14.47 13.85 0.043
52 14.40 15.50 0.077
52 14.40 15.57 0.082
94 23.98 21.32 0.111
94 23.98 21.46 0.105
94 23.98 21.93 0.086
94 23.98 21.33 0.111
99 23.99 20.39 0.150
99 23.99 23.67 0.013
100 23.78 20.97 0.118
100 23.78 20.78 0.126
100 23.78 21.89 0.079
100 23.78 21.89 0.079

Notes. Columns indicate the radial order of the modes, the theoretical
and observed frequency splittings, and the relative difference between
these two quantities, respectively.

the observed and the theoretical frequency splittings, but the rel-
ative differences remain below ∼15%.

4.3. Comparison of the results

In order to compare the main results from the previous sections,
we show in Fig. 5 the observed frequency splittings (orange tri-
angles) and the theoretical frequency splittings that result from
the use of the best-fitting linear differential profile (black dots)
in the case where all the observed splittings were fitted, for
which we employed an asteroseismological model representa-
tive of GD 278 (generated with the LPCODE and LP-PUL codes).
In addition, we show the theoretical frequency splittings as pre-
dicted from the use of the rotation profile computed with the
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Fig. 5. Observed frequency splittings (orange triangles), theoretical fre-
quency splittings obtained from the best-fitting linear differential rota-
tion profile (black dots), and theoretical frequency splittings resulting
from the rotation profile of the MESA model (magenta crosses), in terms
of the corresponding theoretical periods.

MESA evolutionary code (magenta crosses; Table 3). All these
quantities are shown in terms of the corresponding theoretical
periods. The figure shows that the theoretical frequency split-
tings obtained via the simple linear profile and the observed fre-
quency splittings lie close together (their differences are between
∼0.02 and 2.4 µHz), while the theoretical frequency splittings
obtained from the MESA rotation profile lie slightly farther than
those observed (differences between ∼0.6 and 3.6 µHz). Consid-
ering the uncertainties involved in the observed splittings and in
the theoretical calculations employed in this work, we believe
that these differences are not significant. Thus, we consider that
there is a good agreement between the different sets of frequency
splittings.

Additionally, in Fig. 6 we show the derived values of ΩS and
ΩC for the solution corresponding to the best fit in the case of
the linear differential rotation profiles and for the rotation profile
obtained via detailed evolutionary computations with MESA.
The agreement between the two approaches is clear, particularly
in the value of ΩS.

Overall, the results from the different approaches are in line
with one another and with the observed properties of GD 278.
The close agreement obtained when using a simple artificial
rotation profile and the rotation profile that comes from fully
evolutionary calculations strengthens our results, even more so
given that two independent evolution codes and very different
approaches were employed. Our results suggest that the rota-
tion profile is slightly differential, but, given the uncertainties
involved in these procedures (for instance, uncertainties in the
frequency splittings, mode identification, and within the evolu-
tionary approach, mainly in the rotational mixing processes), it is
certainly compatible with rigid rotation, as is generally the case
for WDs and pre-WDs (Córsico et al. 2019).

5. Summary and conclusions

In this work we have presented the first exploration of the
internal rotation of GD 278, the (for now) only known pul-
sating ELM WD star that exhibits rotational frequency split-
tings in its periodogram, based on the mode identification pre-
sented in Lopez et al. (2021). For this purpose, we employed
the observed rotational frequency splittings previously identified
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Fig. 6. Comparison between the values of ΩS and ΩC obtained from
the best-fit solution to the linear differential rotation profiles (black dot)
when considering all the splittings with ` = 1, 2 and the corresponding
values when the rotation profile is that of the MESA evolutionary model
(magenta cross). The dashed green line indicates the solutions accord-
ing to rigid rotation.

by Lopez et al. (2021) and compared them to theoretical split-
tings via rotational splitting fits. The theoretical frequency split-
tings were obtained by considering different ad hoc choices of
the rotation profiles and employing a stellar model representa-
tive of the observed pulsation modes, which is also characterized
by stellar properties within the constraints given by the spectro-
scopic determinations of GD 278 (Brown et al. 2020). This aster-
oseismological model was obtained by using the LPCODE and
LP-PUL stellar evolution and pulsation codes, respectively. We
also followed another approach in which we employed a rotation
profile resulting from detailed evolutionary calculations obtained
with the MESA evolution code and used it to infer the expected
frequency splittings.

In order to carry out the rotational splitting fits, we first
assumed a rigid-body rotation profile and varied the value of the
(constant) angular velocity within a large range of possible val-
ues. We find that the best fit to all the observed frequency split-
tings corresponds to an angular velocity of ∼1.6 × 10−4 rad s−1.
Next, we lifted the rigid-body rotation condition and consid-
ered a large set of linear differential rotation profiles, for dif-
ferent values of Ω at the surface and the center. Again, we took
all the observed splittings for the fits into account, and we find
that there are multiple possible solutions, the rigid-body rota-
tion being one of them. The best-fit solution in this case cor-
responds to (ΩS,ΩC) ∼ (2.1 × 10−4, 1.0 × 10−4) rad s−1. When
we analyzed the rotation profile resulting from the detailed evo-
lutionary calculations with MESA, we found that it is character-
ized by (ΩS,ΩC) ∼ (2.1 × 10−4, 1.5 × 10−4) rad s−1. Comparing
these values with the corresponding ones for the best-fitting lin-
ear rotation profile, the close agreement is evident, particularly at
the surface. These values are only marginally differential and are
actually compatible with rigid-body rotation. Moreover, a com-
parison between the observed and the theoretical frequency split-
tings predicted by the two profiles also shows close agreement,
the theoretical splittings for the ad hoc linear case being more
similar to the observed splittings.
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Rotation in ELMVs and pre-ELMVs is relevant since it
constitutes a very feasible mechanism candidate to explain
the excitation of the pulsations observed in pre-ELM WD
stars (Córsico & Althaus 2016; Istrate et al. 2016b), as well as
the presence of heavy metals on the surface of ELM WDs
(Gianninas et al. 2014; Hermes et al. 2014). The finding of the
first pulsating ELM WD with measurable rotational frequency
splittings by Lopez et al. (2021) provides, for the first time, the
possibility of sounding the internal rotation in this type of star.
In this sense, the present work represents only a first step in
the exploration of the internal rotation in ELMVs, since there
are still many uncertainties. Indeed, even with state-of-the-art
evolution codes and the many advances in the observational
field that help such codes improve, there is still much work to
be done, for instance in the study of the angular momentum
and chemical element transport mechanisms (Salaris & Cassisi
2017). The eventual detection of more ELMV stars with mea-
surable rotational splittings can help place constraints on the
physical processes involved in the development of the rotation
profiles of these stars, thus making it possible to improve the
current stellar models, as in other pulsating stars (Aerts 2021;
Kurtz 2022). For example, few empirical constraints exist on
the role of tides in the redistribution of angular momentum at
these orbital periods for ELM WDs (Fuller & Lai 2012, 2014;
Preece et al. 2018); studies of pulsating hot subdwarfs in close
binaries show we have an incomplete understanding of all rel-
evant physics (Preece et al. 2019). The future is promising in
this regard, given the significant advances that asteroseismol-
ogy has already benefited from, particularly due to the improve-
ment in the photometry efforts coming from space missions
such as Kepler/K2 (Borucki et al. 2010; Howell et al. 2014) and,
more recently, the TESS and CHaracterising ExOPlanets Satel-
lite (CHEOPS; Moya et al. 2018) programs. We expect that
future missions such as the PLAnetary Transits and Oscilla-
tions (PLATO; Piotto 2018), along with the ongoing TESS
and CHEOPS missions, will identify additional pulsating ELM
WDs with detectable rotational splittings and more pulsation
measurements.
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